Let C NJ (B) and J(B) be the generalized von Neumann-Jordan and James constants of a quasi-Banach space B, respectively. In this paper we shall show the relation between C NJ (B), J(B), and the modulus of convexity. Also, we show that if B is not uniform non-square then J(B) = C NJ (B) = 2. Moreover, we give an equivalent formula for the generalized von Neumann-Jordan constant.
Introduction
A Banach space B is said to be uniformly non-square in the sense of James if there exists a positive number δ <  such that for any x  , x  ∈ S B = {x ∈ B : x = } we have
The James constant J(B) of a Banach space B is defined by
It is obvious that B is uniformly non-square if and only if J(B) < .
In [] , the authors introduced the generalized von Neumann-Jordan constant C (p) NJ (B), which is defined as
and obtained the relationship between C In this paper, we shall show the relation between the generalized von Neumann-Jordan constant C NJ (B) and the James constant J(B) and we also show that if B is not uniform non-square then J(B) = C NJ (B) = . In the second section, we present basic definitions and define the modulus of convexity of a quasi-Banach space. In the third section, we establish a relationship between the generalized von Neumann-Jordan constant and the modulus of convexity, the James constant and the modulus of convexity, the generalized von Neumann-Jordan constant and the James constant, and we give the equivalent formula of the generalized von Neumann-Jordan constant.
Preliminaries
• There is a constant C ≥  such that if ∀x  , x  ∈ B we have
where  ≤ p < ∞.
We will also use the following parametrized formula for the constant C 
where S B is the unit sphere. By taking t =  and x  = x  , we obtain the estimate
Definition . In a quasi-Banach space B the James constant is defined as
Definition . A quasi-Banach space B is said to be uniformly non-square if there exists a positive number δ <  such that for any x  , x  ∈ S B , we have
Remark . It is obvious that B is uniformly non-square if and only if J(B) < .
Definition . The modulus of uniform smoothness of the quasi-Banach space B is defined as 
It is clear that ρ B (t) is a convex function on the interval [, ∞) satisfying ρ B () = , whence it follows that ρ B (t) is nondecreasing on [, ∞).
Definition . The modulus of convexity of a quasi-Banach space B is defined as
Main results

Lemma . For any number
Lemma . Let a be a real number and let b > , then
The first theorem is a relation between C NJ (B) and the modulus of uniform smoothness.
Theorem . Let B be a quasi-Banach space, then
Proof We know that
By using Lemma .
Also we have
we have
(by using Lemma .)
The next result is the relation between the James constant and the modulus of convexity.
Theorem . Let B be a quasi-Banach space then
We shall show that J(B) ≤ α. For this purpose, if α = , then there is nothing to prove. So, we may assume that α < . For any β > α, we have for any x  , x  ∈ S B and
From the definition of δ, we have
which implies that
As J(B) ≤ β and since β was arbitrary we have J(B) ≤ α. For the reverse we use the definition of δ, so ∀γ >  there exist x  , x  ∈ S B such that
where we have ε = α -γ , so
where γ was arbitrary, so we have J(B) ≥ α.
Corollary . For any quasi-Banach space B, we have
J(B) ≥ √ .
Corollary . Let B be any quasi-Banach space and J(B) ≤ , then
Now, we are going to give an equivalent formula of the generalized von Neumann-Jordan constant.
This shows that
The next theorems show the relation between the generalized von Neumann-Jordan and James constants.
Theorem . For any quasi-Banach space B, we have
To prove the right hand side we use Theorem ., so we only take x  =  and x  ≤ .
First we prove that 
